PE THI KET THUC HQC KY
M6n TOAN B2 — Khoa VAT LY (Khoa 2009)
Thai gian lam bai: 90 phat
(Thi sinh dwoc phéep s dung tai liégu)

Cau 1: Tinh gan dtng v3.012 + 3.982,

Cau 2:

Chou==r=/(x-a)?+(y—b)?+(z-0c)2

_ Y L L L _ NPT
Hay tinh Au véi A = =t 37 t= la toan tr Laplace; a, a, b, ¢ la cac hang so.

Cau 3: Khao sét cuc tri cia ham sé u = x + y néu x va y bi rang bugc boi diéu kién
x2 y2
a2t 1

Cau 4: Tinh tich phan duong loai II:
7€ (x+y)dx+ (x —y)dy
(E")
i . i x2 y2
Trong d6 (E) 1a Ellipse: i 1.
Cau 5: Hay tinh moment quan tinh cua mét qua cau dic ddng nhat c6 khéi luong M
va ban kinh R di v6i duong thing tiép xdc véi mat cau.
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Céul: +3.012 + 3.982.
Xetf(x,y) =+/x2 +y2v6ix=3;y=4; Ax = 0,01; Ay = —0,02.

of X of ) _3
ax  JxZ+y? 0x G:4) =
of _ y Of /o). _ 4
dy  Jx2 +y2 - oy (3' 4)

Taco: f(x+Ax;y +Ay) = f(x,y) +Af = f(x'y”%A“z%Ay'

- V3.012+3.98% ~ 5+ % 0,01 + g (—0,02) = 4,99.

Cau2: u=-voir=/(x—a)?+ @ —b)?+(z—c)

, a x—a a(x—a)
Taco: u', =u',r', =—=. = — .
x rtox r2' r r3
" a(x—a) —r3+3r2r’x(x—a) —r3+3r(x—a)2
u 2 =|- =a - =a -
T r

Twong tu cho u' 2 vau" 2

—3r243r|(x—a)?+(y—-b)?+(z—c)?] _ 6(—3r3+3r3

o " 17
S AMu=u2tu2tu 2= = —

=0.

Vay ham s u = E véir =./(x —a)? + (y — b)? + (z — ¢)? thda man phuong trinh Laplace Au = 0,

2
trong d6 A = ﬁ + W + — Ia toan tu Laplace.

Cau 3: Xét ham Lagrange: F(xy)—f(xy)+/1g0(xy)_x+y+,1( +__1)

Diém cuc trj néu co:

oF _ 2_x_ ( __a? ( _ a?

Jax_lH =0 J %o = T !xo—_—m

oF 2y b2 i~ b?

ay—1+)L =0 - DiémM Yo = 7o hay biem N { y, = — ——
2 2

L C+L=1 LA(,: ~VaZ +b? l/l(,:%\/a2+b2

dx?  dy?
‘ szF =2(F+5%)
Ay kien du 2 2
biéeu kién du: a_’zcdx + b_32’dy =0
U dx?+ dy? >0
d?F = —a? + 52 (2 +22)

5 b2
Piém M: dx+dy =0 ~ d2F = @ + 2L dx? < 0 (vinéudx = 0 - dy = 0)
dx? +dy? > 0

2 2
a b

- M( ;

Vaz+b2 ’ Va?+b?

2 2
d?F =aZ + D% (- + %)
a b

) 14 didm cuc dai.

biem N: dx+dy =0 - d?F = \/a2+b2a+b dx? >0 (winéudx =0-dy =0)
dx? +dy* >0
a2 bz \ 2 -2
- M (— N —\/a2+b2) 1a diem cyc tieu.
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j‘g . (x + y)dx + (x — y)dy = 0 (Dung cdng thic Green)
(EY)

I'= ﬂf(xz +y%2 +2%) p(x,y,z)dxdydz
)
Qua ciu dic, déng nhat — p = const. Surdung hé truc toa ciu véi:  x= rsinfcoso
y = rsinfsing |J| = r?sin6
Z=rcosf

Goi I () 1a moment quan tinh caa qua cau déi voi tam.

Taco: Iig) = p ff (r?sin? Ocos?@ + r?sin?Osin?@ + r?cos?0)risinfdrdfde = p ﬂj r*sinfdrdfde.
) W)
2 T R
: 4 1 5 4 5 34 3 2 3 2
d I(o)=p d(p sin6do r dT=p27’[2§R =§p7TR =§(§TI,’R p)R =§MR .
0 0 0
Goi I, 12 moment quén tinh caa qua cau ddi véi truc xuyén tam.
T 'I—ZI—ZSMRZ—ZMRZ
act: o =3l =33 =z :
Goi I, 1a moment quén tinh cua qua cau ddi véi duong thang tiép xdc mit cau.

Tace: Iy = I, + MR? = ZMR?,
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