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TICH PHAN BOI

Phan1:  T|CH PHAN KEP




BAl TOAN THE TIiCH

Xét vat thé hinh tru Q dwoc gidi han trén bdi
mat cong z = f(x, y) > 0, mat dwdi la Oxy, bao
xung quanh la mat tru cé dwong sinh // Oz va
dwdrng chuan l1a bién ctia mién D dong va b

chan trong Oxy. Tim thé tich Q. 7
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Xap xi Q bang cac hinh tru con
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Thé tich xap xi ctia hinh tru con
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PINH NGHIA TiCH PHAN KEP

Cho ham s z = f(x, y) xac dinh trong mién
D dong va bi chan.
Z A

z= Hx )




Phan hoach D thanh cac mién con Dy, D,, ..., D,

AS, la dién tich
clia mién con
D,

d(D,) = dwong kinh D, = khoang cach
I&n nhat gidra 2 diém trong D,..

d = max{d (D,)} Buwong kinh phan hoach
k=1,n



M, dwoc chon tuy y trong D,




n
. A
S = 2 f(M,)As,
k —1

f kha tich néu: lims_<*
d™0

v&i phan hoach tuy y cua D

Tich phan kep cua ftrén D la gidi han
néu co cua S,

It (x,y)ds = lim's
d—o0

D




Phan hoach D theo cac duong // ox, oy
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Khi f kha tich, viéc tinh tich phan khéng phu

thudc vao phan hoach. Do do cé thé phan
hoach D theo cac dwong song song Ox, Oy.

D, la hinh chi*r nhat v&i cac canh Ax, Ay
= AS, = AX. Ay

— Thay cach viét tp kép

”f(x,y)dxdy - ”f(x,y)ds
D D




Nhan dang ham kha tich
* Dwong cong (C) 1 y = y(x) tron tai M(X,,Y,) €
(C) néu y’'(x) lién tuc tai x,.

« (C) tron tirng khtic néu (C) dwoc chia thanh
hiru han cac doan tron.

Néu f(x,y) lién tuc trén mién D déng, bi chén
va co bién tron teng khac thi f kha tich trén
D.




Tinh chat ham kha tich
Cho D 1a mién déng va bj chan
1/s (D)= llidxdy (Dién tich D)

D
2/ e f(x,y)dxdy = c. Jf(x y)dxdy

D D
et + gydxdy = Hedxdy * [Jgdxdy
D D D

3/D~-D,UD,,D, va D, khong dam nhau
(tdi da chi dinh bién)
I tdxdy = [Jtdxdy * [l fdxdy

D1UD2 Dl D2



DPinh ly gia tri trung binh

D 1& mién lién thdng néu 2 diém tuy y trong D ¢cé
thé ndi nhau béi 1dwdng cong lién tuc trong D.

Cho f lién tuc trén tap dong, bi chan, lién
thdng D. Khi d6 ton tai M,(X,, Y,) € D sao cho

1
f(M,) = It (x,y)dxdy
S(D),
1 oi la gia tri trun
e (x,y)dxdy gol la gia tri trung

S(D), binh cua f trén D.



CACH TINH TICH PHAN KEP

Yy =y ,(x) a<x<p
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Cach viét:
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d(xz(y) \

= I' j f(x,y)dx |dy
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d X5 (Y)
Cach viet: ”f(x y)dxdy = de j f(x,y)dx

D C Xl(y)




VI DU

1/ Tinh1 = Hxydxdy
D

véi D la tam giac OAB,0(0, 0), A(1, 0), B(1, 1)
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2/ Tinh1 = IJ(x *

y)dxdy

D
vOiD:x2+y?<1,y>0

-
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I (x *y)dy
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3/ Tinh 1= J(x T1)dxdy
D
v&i D gi¢i han béi cac duongy = X, y = X?

y:x2 1 X
= Jdx T (x *Ddy
0 5 2
N = J(x *1)(x ~ xH)dx
'-0'.4'-6_2_' _ ';_'z'uQ'n;a'ufg Y 0
1
(A< < _ _ 1
D_IO x =1 —j(x_xg)dx_—
x2Sy < ° 4




4/ Tinh 1= (x *1)dxdy
v6i D gii han béi cac dwong y2 + 8x = 16,
y? — 24X = 48




5/ Tinh dién tich mién D gi&i han b&i cac dwéng

y:(2_x)\/;, y:x2_2x

Hoanh dé giao diém
4[(2 - x)Vx = x2~ 2x

< xT0,x ™2

[x 20

jOngZ

D :
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2 (2_x)\ﬁ:
S(D):_”dxdy :jdX .[ dy
0

D x2_2x
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6/ Tinh I -
4y

mién D gi&i han b&i cac duwong: y = 0,

y=4—x? x>0,

Kho lay
| — jdx —dy nguyén
4y ham
0
Poi they tw

o Ny,
- jdy _[ e d x
4y







7/ Tinh ”‘x_y‘dxdy

mién D gioi han béi cac dudng:y =0, y=2 — X2




6/ Tinh ”‘x_y‘dxdy

mién D gioi han béi cac dudng:y =0, y=2 — X2

| = ”(y‘X)dxdy
Dl
I x = yyaxdy Dz

D> -2 + 1 2




7/ V& mién lay tich phan va doi the tw 13y tp
trong cac VD sau

1 27y

1/1= Jdy | f(x,y)dx
oy
s Jay

2 /1= Idy | f(x,y)dx
oy

2 27y
3/1~ Idy J f(x,y)dx

1 _1/2_y
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1/1= Jdy
0

2y
f f(x,y)dx

.




1 27y
1/1= dy | f(x,y)dx

oy
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1/1= Jdy
0
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J f(x,
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1/1= Jdy
0
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f f(x,y)dx
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